A series of papers by I. J. Schoenberg discusses positive definite functions and isometries between metric spaces. In particular, we have the following definition from [3] . Let 5 be a metric space with the distance between points P and Q denoted by PQ. A real function <p, defined on the range of values of the distances, is said to be positive Steps (ii) and (iii) show that <p is constant on any interval [x, 2x] for positive x, whence it follows that it is constant for all positive x. The theorem is thus proved except for the converse, which is trivial.
